The results are motivated by and apply to differential algebra; however, we follow Levi's suggestion at the close of [l] in stating them in the more general form in which yij is not necessarily a derivative of yt.
Let y^ (i=l, ■ ■ ■ , n and j = 0, 1, • • • ) be a set of independent indeterminates over a field F and let 7? be the polynomial ring in the y^ over there is a monomial with signature D and weight w that is not in I.
2. Levi bases. In the case « = 2, Levi obtained the following bases for Q and 7? as vector spaces over F. Let w, = y\j and Vj=y2j. A product
of signature (r, s) is an a term if s = 0 or ji ^ r and a /3 term otherwise. A X term is of the form AX with A an a term and X a power product in the x,. (X may be 1; thus the X terms include Levi's a and y terms.) Levi showed that the a terms are a basis for Q and the X terms for 7?.
Let P' be a factor of P in (1) selected as follows. If P is an a term, P'=P. If P is a (3 term, let e=ji + l, S = uitvh, and P'=P/S. Let Pt be defined by P0 = P and P,+i = P,'. Let 0(P) be the expression for P Since xhl is a linear combination of power products one of which is 5i, (P/S^xh^O (mod I) can be solved as
where the/< are in F and the Ni are power products in the y,> Any N in (3) which is not an a term can be replaced by an expression (3) in which Af plays the role of P. Continuing the process, one ends in a finite number of steps with P congruent to a linear combination of a terms of the same signature and weight as P. Thus the a terms generate Q. It follows from the process of obtaining the 6k and the 1-1 character of P-»A(P) in the case n = 2 that, in the case of general n, P-*\(P) is a 1-1 mapping of the set of power products in the y,-3 onto the set of X terms. This establishes that the X terms are a basis for R. Then the a terms are linearly independent modulo I and form a basis for Q. 
